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P1 = t1 + t2 + t3 P2 = t21

P3 = 1 P4 = t1t2(t1 + t2)

(−1)1+2+4(X1 + X2 + X4)X1
2(X2X4(X2 + X4))

(X1 − X3)(X2 − X3)(X3 − X4)

P Monochrome χ•

X1 2

X2 2

X3 0

X4 2

X1X2 X1X3 X1X4 X2X3 X2X4 X3X4

χ•• 0 2 0 2 0 2

θ+•• 2 0 2 0 0 0

N = 4
P = {X1,X2,X3,X4}.
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h\i At1 ∩Ab1 At1 ∩Ab2 At2 ∩Ab1 At2 ∩Ab2 B1 B2 C L R X

At1 ∩Ab1

At1 ∩Ab2

At2 ∩Ab1

At2 ∩Ab2

B1

B2

C

L

R

X

Table 1. Colorings of the foam G (the three pictures on the left in each cell) and Fα (the three pictures on the right in each cell) for all values of h and i.
The set X consists of all the colors which so not belong to any facets, hence looking at the last column or the last line of this table, we have the definition of
the colorings of Fα and G. A green cell indicates that both χhi and (θ+hi, θ

−
hi) change, the yellow only (θ+hi, θ

−
hi)

h\i At1 ∩Ab1 At2 ∩Ab2 B1 B2

At1 ∩Ab1 +1 −1
At2 ∩Ab2 +1 −1
B1 −1 +1
B2 −1 +1

Table 2. χhi(G(g))− χhi(Fα(c))

h\i At1 ∩Ab1 At2 ∩Ab2 B1 B2 C
At1 ∩Ab1 0 0
At2 ∩Ab2 ±1 0 ±1
B1 ±1 +1
B2 +1 0 +1
C ±1 +1

Table 3. θ+hi(G, g)− θ+hi(Fα, c)

h\i A1 A2 Bt1 ∩Bb1 Bt1 ∩Bb2 Bt2 ∩Bb1 Bt2 ∩Bb2 C L R X

A1

A2

Bt1 ∩Bb1

Bt1 ∩Bb2

Bt2 ∩Bb1

Bt2 ∩Bb2

C

L

R

X

Table 1. Colorings of the foam E (the three pictures on the left in each cell) and F jtjbαtαb
(the three pictures on the right in each cell) for all values of h and i.

Bhe set X consists of all the colors which so not belong to any facets, hence looking at the last column or the last line of this table, we have the definition of
the colorings of F jtjbαtαb

and E. A green cell indicates that both χhi and (θ+hi, θ
−
hi) change, the yellow only (θ+hi, θ

−
hi)

h\i A1 A2 Bb1 ∩Bt1 Bt2 ∩Bb2
A1 +1 −1
A2 +1 −1

Bt1 ∩Bb1 −1 +1
Bt2 ∩Bb2 −1 +1

χhi(E(e))− χhi(F jtjbαtαb
(c))

h\i A1 A2 Bt1 ∩Bb1 Bb2 ∩Bt2 C
A1 0 0
A2 +1 0 +1

Bt1 ∩Bb1 +1 ±1
Bt2 ∩Bb2 ±1 0 ±1

C +1 ±1

θ+hi(E, e)− θ
+
hi(F

jtjb
αtαb

, c)



From Λ• to Sym•: N goes to −N.
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Thank you !!


